W = jlim Hί" 1 }^ = { sup Hi!*}' 1 .
For an entire function / (of two complex variables) the exponential type τ(f) is given by .
We define the Whittaker constant 7/^ to be the supremum of positive numbers c having the following property: if z(f) < c and each of fim,n) (o ^ m < co, 0 ίg n < oo) has a zero in the poly discffo, « 2 ): I ^ I ^ 1, I ^21 <Ξ 1}, then / = 0. The bound 5^ ^ (log 2)/2 was obtained by M. M. Dzrbasjan in 1957 [2] . The estimate furnished by Dzrbasjan depends on a system of polynomials defined as follows. Let a = (a pg ) and β -(β pq ) be infinite matrices of complex numbers. The polynomials A mi% (z ίy z 2 ; a, β) are defined by the recursion formula -V for r, s = 0, 1, 2, . Note that A r , s depends only on those parameters a pq and /9 pg for which p + g < r + s. Let Jϊ r , s -max I A r J0, 0; α, β) | , where the maximum is taken over all matrices a and β whose entries lie on | z \ = 1. We show that bound H r s ^ (2/log 2) r+s holds for all r and s. The justifies the definition H = sup m[ { : +s) .
We prove the following expansion theorem. is an upper bound for Ύ/^. In particular, "W ^ ljVH ul = 1/τ/ 3 . In comparing this with the bound W > .7259, one sees that ^ < W.
2. The Polynomials A n , n . Let / be an entire function and let a and β be infinite complex matrices. Writing (1.4) 
which holds whenever the interchange in the order of summation can be justified. In particular, (2.1) 
Proof. We will prove (2.2) using mathematical induction. The proof of (2.3) 
and this completes the proof.
Lemma 2 and the expansion (2.1) provide a useful expression for the polynomials A m , n . Replacing a and β by 7 and 5, respectively, and applying (2.1) to the polynomial A r:8 (z lf z 2 ; a, β), we have
If each of 7 and δ is the zero matrix, it is easy to see that
In this case (2.5) yields on the parameters a jk1 where j < m or k < n. The usefulness of (2.8) is seen in the next lemma. We are now ready to prove Theorem 1. Suppose / is an entire function, with τ(f) < I/if, and suppose a and β are matrices whose entries lie in | z | <^ 1. In order to justify the expansion (2.1) we show that the series 
The series (3.2) is therefore convergent provided that is the uniform limit of a subsequence of {Qiί)ίi.}, then (3.4) implies that .P^'^ has a zero in {| z x \ -1, |^21 = 1}. The expansion (1.5) implies that F has exponential type exactly 1/ίZ, and this completes the proof. 4* The Whittaker Constants W and *Wl We have already seen that W~ < W. The following result provides a precise relationship between Ύ/^ and W, and a determination of W different from [3] and [1] . 
